Chapter 1

Large-Scale Computational Modeling of the
Primary Visual Cortex
Aaditya V. Rangan, Louis Tao, Gregor Kovačič, and David Cai

Abstract This chapter reviews our approach to large-scale computational modeling
of the primary visual cortex (V1). The main objectives of our modeling are to (i)
capture groups of experimentally observed phenomena in a single theoretical model
of cortical circuitry, and (ii) identify the physiological mechanisms underlying the
model dynamics. We have achieved these goals by building parsimonious models
based on minimal, yet sufficient, sets of anatomical and physiological assumptions.
We have also verified the structural robustness of the proposed network mechanisms. During the modeling process, we have identified a particular operating state
of our model cortex from which we believe that V1 responds to changes in visual
stimulation. This state is characterized by (i) high total conductance, (ii) strong inhibition, (iii) large synaptic fluctuations, (iv) an important role of NMDA conductance
in the orientation-specific, long-range interactions, and (v) a high degree of correlation between the neuronal membrane potentials, NMDA-type conductances, and
firing rates. Tuning our model to this operating state in the absence of stimuli, we
have used to identify and investigated model neuronal network mechanisms underlying cortical phenomena such including (i) spatiotemporal patterns of spontaneous
cortical activity, (ii) cortical activity patterns induced by the Hikosaka line-motion
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illusion stimulus paradigm, (iii) membrane potential synchronization in nonspiking
neurons several millimeters apart, and (iv) neuronal orientation tuning in V1.

1.1 Introduction
The primary visual cortex (V1) is one area of the brain where computational modeling has been successfully used to investigate the link between physiological mechanisms and cortical function. Our approach to large-scale computational modeling
of V1 [1–3] is reviewed in this chapter. Clearly, to gain a deeper theoretical understanding of even the simplest brain functions, modeling must strike a careful balance
between mathematical abstraction and physiological detail. Moreover, to achieve a
good understanding of network dynamics through computational modeling, fast and
efficient computational methods for simulating large-scale neuronal networks have
become a necessity.
Modeling Objectives In our view, the main objectives of computational neuronal
network modeling are to (i) capture groups of experimentally observed cortical phenomena in a single theoretical model of cortical circuitry, and (ii) identify the physiological mechanisms underlying the resulting model dynamics. In this way, computational modeling with sufficient realism may help to pick from among a number
of theoretical scenarios those that could be truly realized in nature. This objective
makes it necessary to build “parsimonious” models based on a minimal, yet sufficient, set of anatomical and physiological assumptions that allow such models
to qualitatively and quantitatively reproduce a given set of distinct physiological
effects within a unified dynamical regime and with a single realistic cortical architecture. The spatial and temporal scales resolved by the model must be chosen
judiciously for the model to faithfully reflect the described phenomena. A clear advantage of a large-scale computational model over more idealized models is that it
is broad enough to explore a large number of possible dynamical regimes, all within
a single framework, and thus identify those regimes that are physiologically relevant. For example, a computational model can explore the cortical operation of both
correlated and uncorrelated firing activity, whereas an idealized firing-rate model
can usually describe the latter only. Finally, one of the ultimate goals of large-scale
computational neuronal network modeling is to use the network mechanisms identified in computational modeling for guiding the design of new experiments, as well
as to contrast these mechanisms with experimental results, so that we can reach a
better understanding of the underlying physiological phenomena.
In contrast to statistical physics that provides general principles governing largescale equilibrium systems, no unifying law has so far been found that would govern
large-scale-network systems in neuroscience. We must therefore strive to extract the
general governing features of the investigated neuronal assemblies in a robust way
that is insensitive to the insignificant details of both the computational model used
and the parameter regime it operates in. However, unlike in analytical considerations
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where this simply means discussing a sufficiently general model family, computational models are very concrete in terms of their specifications, such as the values
of parameters used in the model. Therefore, special attention must be paid to the
“structural robustness” of the discovered network mechanisms. This again means
that the models must be able to capture multiple phenomena in a single dynamical
regime, within broad parameter ranges, and also that the models should capture
bifurcations wherever they exist and reproduce their correct dynamical behavior
as observed experimentally. These requirements constrain the models structurally.
Additionally, in a stronger sense, one can only be reasonably convinced that the network mechanisms discovered via this modeling process are robust structurally when
physiologically reasonable variations of the network architecture all reproduce the
studied phenomena and confirm the discovered mechanisms in similar parameter
regimes and with comparable accuracy. Moreover, when we study phenomena that
are hypothesized to be network induced instead of being controlled by the cellular dynamics of particular neurons, we can demonstrate the robustness of the hypothesized network mechanism by replacing the underlying Hodgkin-Huxley-type
equations with, for example, a simpler integrate-and-fire (I&F) neuron model. If the
presumed network-induced mechanism is indeed at work, the particular choice of
the neuronal equations (Hodgkin-Huxley; or linear, quadratic, or exponential I&F)
should make no essential difference. In fact, a study by comparing a number of such
related models can be systematically employed for examining the robustness of the
hypothesized mechanisms.
Due to the large scales of the modeled cortical areas, and the correspondingly
large numbers of neurons involved, our computational models are large in terms
of the numbers of neurons included and physical areas covered. Modeling of large
cortical areas allows us to theoretically explain results of large-scale modern neurophysiological experiments, such as imaging with voltage-sensitive dyes [4, 5] and
multi-electrode array measurements [6]. It is important to emphasize that the numbers of model neurons must have approximately the same orders of magnitude as
the numbers of the neurons in vivo or in vitro, since some of the most important
dynamical properties of neuronal networks, such as the level of fluctuations, are
often controlled by the numbers of neurons and connectivity (sparse or dense) of
their synaptic couplings. Inappropriate choice of the number of neurons and synaptic connectivity in the model may result in dynamical behavior inconsistent with
physiological effects. For example, too many weak pre-synaptic connections per
neuron tend to lead to mean-driven dynamics and prevent spiking that is induced
by subthreshold fluctuations as often observed in experiments [7]. The large numbers of neurons in our network model, dictated by the cortical phenomena we study,
require us to devise fast algorithms that take advantage of the cortical architecture
properties. This need is particularly acute because, in order to capture the soughtfor phenomena and confirm their robustness, many simulations (up to 103 –104) are
necessary to sufficiently explore considerable portions of the parameter space.
Overview of Results We have been implementing a parsimonious modeling strategy in the modeling of the primary visual cortex (V1). Using this strategy, we
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have investigated network mechanisms underlying cortical phenomena including
spatiotemporal patterns of spontaneous cortical activity [1], cortical activity patterns induced by the Hikosaka line-motion illusion stimulus paradigm [2], and neuronal orientation tuning [3]. Our large-scale computational model contains ∼ 106
conductance-based, I&F, point neurons, and the simulations involve a range of spatiotemporal scales pertaining to cortical processing in V1. The time scales involved
span from the fastest network time scale (∼ 2 ms) [8, 9] to the slow scale of the
NMDA receptor (∼ 50-200 ms) [10]. The spatial scales involve both local, isotropic
(< 0.5 mm) and long-range, orientation-specific (∼ 1-8 mm) lateral cortico-cortical
connections in V1, distributed according to a realistic cortical architecture [11, 12].
We assume these cortico-cortical connections to be sparse.
We first addressed V1 dynamics in the absence of any stimuli [1], to isolate cortical phenomena that are independent of the LGN input dynamics. At this modeling
stage, we reproduced spatiotemporal cortical patterns of spontaneous cortical activity [13, 14], a striking example of cortical processing in V1 observed by real-time
optical imaging based on voltage sensitive dyes [15]. Far from being the expected
featureless noise [16], these patterns are highly correlated on millimeter scales, appear to become activated in multiple areas of iso-orientation preference, and tend to
migrate to nearby such areas after about ∼ 80 ms. We identified a specific cortical
operating state (see IDS state below) that we believe to underly this and many other
cortical response properties in V1.
To study stimulus-driven phenomena, we incorporated an LGN model. We have
successfully modeled the spatiotemporal V1 neuronal activity that is associated with
the Hikosaka line-motion illusion [2]. This illusion is induced by showing a small
stationary square followed by a long stationary bar to create the illusory motion
perception of the square “growing” to become the bar [17]. In V1, it was observed
that actual subthreshold cortical activity in response to the Hikosaka stimulus is
very similar to that induced by real moving stimuli [18]. Finally, we have also successfully modeled the orientation tuning dynamics of V1 neurons within the same
computational model [3].
The parsimony of our models manifests itself in how we restrict our assumptions underlying the cortical phenomena we investigate. For example, for the study
of neuronal orientation tuning, we choose to consider only small-sized stimuli, so
that only the local network with its short-range cortico-cortical connections is activated. Thus, we were able to restrict our model to a local version with all the
long-range effects lumped in an effective uniform inhibition. Both our large-scale
model and this local model can successfully model the orientation dynamics. Yet
more markedly so, parsimony is reflected in the modeling of the line-motion illusion. In particular, from the experiments, it is not clear whether the spatiotemporal
V1 activity associated with this illusion emerges in V1 or from cooperative effects
with strong feedback from higher cortical areas. In the model neuronal network,
we have only considered the dynamics in V1 and explicitly excluded any structured
feedback from the higher cortical areas, yet this model was sufficient to capture the
cortical activity corresponding to the line-motion illusion. This allows us to hypoth-
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esize that the cortical activity observed in voltage-sensitive-dye imaging is mainly
produced by the V1 circuitry.
We have found a single dynamical regime of our model cortex that captures a
number of experimental phenomena at once. In addition to the three mentioned
above, these include membrane potential synchronization in nonspiking neurons
several millimeters apart [19], and the “similarity index” dynamics caused by drifting grating stimuli turned on and off periodically [13], both described in Section 1.4.1. In all these cases, the theoretical advantage of our parsimonious model is
clear: It highlights the most sharply delineated proposed mechanisms, while simultaneously demonstrating their realizability in a single cortical state in our model.
We refer to the dynamical regime in our model that can capture all the phenomena
mentioned above as the “intermittent de-suppressed” (IDS) operating state [1, 2].
This IDS state is characterized by (i) high total conductance (cf. [9, 20–23]), (ii)
strong inhibition, (iii) large synaptic fluctuations (cf. [24–26]), (iv) an important role
of NMDA conductance in the orientation-specific, long-range interactions (cf. [27]),
and (v) a high degree of correlation between the neuronal membrane potentials,
NMDA-type conductances, and firing rates. It is from this type of operating state
that we believe V1 responds to changes in visual stimulation. The IDS state appears
to be highly stochastic and sensitive to external stimuli. It is not an attractor in the
sense of, say, the marginal state, which is very stable, strongly locked-in, and largely
insensitive to external stimuli [28, 29].
Computational Approach The dynamical properties of the IDS operating state,
together with the cortical architecture of (i) strong isotropic, non-specific local connections and (ii) weak, orientation-specific, long-range cortico-cortical connections,
guide us in the design of our computational scheme. In addition, as in the corresponding experiments, the nature of observables is statistical, so the appropriate
computational aim is to achieve statistical rather than trajectory-wise accuracy of
our simulations. In particular, to obtain efficiency using large time-steps we had to
address the following computational issues: (i) stiffness due to the high-conductance
state of the network in the IDS state, (ii) correctly accounting for the influence of
each cortical spike, computed within a large numerical time-step, on the dynamical
variables and other cortical spikes within the same time-step, and (iii) efficiently accounting for the influence of strong, spatially-local interactions and relatively weak,
modulational, long-range interactions arising in the V1 cortical architecture.
To address these issues, we have developed a novel, highly effective and efficient
computational method for evolving V1 dynamics [30], which allows us to minimize
the computational overhead associated with each spike, and evolve the I&F network
model of V1 with N neurons so that each neuron fires approximately once in O(N)
operations. Our method not only evolves the system with trajectory-wise accuracy
when the time steps used are sufficiently small, but also evolves the system with
statistical accuracy when the time steps in the simulation are quite large, 1-2 ms,
approaching the smallest physiologically relevant time scale in the model. More
precisely, such simulations still render accurate network firing rates; distributions of
interspike intervals, conductances, and voltages; and spatiotemporal patterns formed

6

Aaditya V. Rangan, Louis Tao, Gregor Kovačič, and David Cai

by conductances and voltages. Finally, we stress that our computational strategy
should be applicable to neuronal assemblies other than V1. In fact, the issues addressed by this strategy are fairly general, and our scheme may easily be adapted to
simulate other areas of the brain.
The remainder of this chapter is organized as follows. In Section 1.2, we discuss some of the anatomical and physiological background that we use in our computational model. In Section 1.3 we describe the model and its mathematical and
physiological components. The model V1 dynamics are presented in Section 1.4.
In particular, spontaneous cortical activity patterns are discussed in Section 1.4.1,
line-motion illusion in Section 1.4.2, and orientation tuning of V1 neurons in Section 1.4.3. Structural robustness of the model is discussed in Section 1.5.

1.2 Physiological Background
The primary visual cortex (V1) is a thin sheath of densely packed and highly interconnected neuronal cells (neurons), located at the back of the skull. Along the
“visual pathway”, Retina → LGN → V1 → And Beyond, it is in V1 where
neuronal responses are first simultaneously selective to elementary features of visual scenes, including a pattern’s orientation. For example, orientation tuning is the
selective response of a single neuron to some orientations of a simple visual pattern
(say a bar or grating), but not to other orientations [31].
The primary visual cortex is several cm2 in lateral area and 1-2 mm in depth. It
has a complex, layered substructure (layers 1, 2/3, 4B, 4Cα , 4Cβ , 5, and 6, labeled
from the cortical surface inwards). Each layer is anatomically distinct, containing
excitatory and inhibitory neurons with dense lateral connectivity, augmented by specific feed-forward and feed-back projections between different layers. Visual input
first arrives at V1 through (excitatory) axons from the Lateral Geniculate Nucleus
(LGN) primarily into the layers 4Cα (“magno pathway”) and β (“parvo pathway”).
Neurons in V1 are roughly divided into “simple” and “complex” cells. This division dates back to [31]. The responses of simple cells to visual stimuli tend to
be approximately linear, while those of complex cells tend to be nonlinear. For instance, if the stimulus is a drifting grating, the spiking rate of a simple cell will be
modulated at the frequency with which the grating’s peaks and troughs pass through
the cell’s receptive field; the spiking rate of a complex cell will increase with the
onset of the stimulus, but then stay approximately constant in time for its duration.
For a standing, contrast-reversing stimulus, simple-cell firing rates are sensitive to
its spatial phase and modulate at the stimulus frequency, while complex-cells are
spatial-phase insensitive and modulate at double the stimulus frequency [32, 33].
The theoretical model of [31] proposes that simple cells receive LGN input and
pool their output to drive complex cells, with evidence for excitatory connections
from simple to complex cells found in [34]. Phase sensitivity is lost in this pooling. However, most V1 neurons are neither completely simple nor completely com-
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plex [35]. Complex cell also receive strong input from other complex cells [34] and
the LGN [36–38], not just from simple cells, and can be excited without strongly exciting simple cells [39–43]. Therefore, an alternative hypothesis is that the amount
of excitatory LGN input varies from one V1 neuron to the next (indirect evidence for
this is given in [44–46]), and is compensated by the amount of cortical excitation,
so that each V1 neuron receives roughly the same amount of excitation [47], as suggested by cortical development theories [48,49] and experiments [50,51]. We adopt
this hypothesis in our model, as described below. We note that simple cell properties were recovered in a model of V1 neurons that all received equal amount of LGN
drive [52]. In this model network, strong cortical inhibition cancels the nonlinearity
in the LGN drive to produce linear response properties of the simple cells.
Optical imaging experiments [53–55] reveal orientation preference as organized
into millimeter-scale “orientation hypercolumns” that tessellate the cortical surface,
with orientation preference laid out in spokes emanating from “pinwheel centers”,
with ocular dominance arranged in left-eye/right-eye stripes. Orientation preference
selectivity appears to be well correlated even between single pairs of nearby cortical neurons, whereas preferred spatial phase does not, indicating the possibility that
spatial phase preference may be mapped across V1 in a disordered fashion [56]. The
exact nature of the spatial frequency preference distribution across V1 is still somewhat in dispute: Interpretations of experiments have ranged from domains with only
high or low spatial frequency preference [57] to continuous pinwheel patterns [58],
but appear to have converged on disordered distributions [59–61].
Anatomical, optical imaging, and electrophysiological studies suggest that lateral
connectivity shows different types of organization on different spatial and temporal scales. At hypercolumn scales (< 500µ m), the pattern of connectivity appears
isotropic, with monosynaptic inhibition at or below the range of excitation [62–65].
The excitatory short-range connections appear to be mostly mediated by the fast,
AMPA, neurotransmitter [27] (with persistence time-scale ∼3 ms [66]), while the
inhibitory connections are mediated by GABAA (with persistence time-scale ∼7
ms [66]). We use these facts in our model.
At longer scales, ∼1-5 mm, the largely intralaminar and reciprocal lateral connections [67–72] (also referred to as horizontal connections) in V1 are much less
isotropic. These horizontal connections arise purely from excitatory neurons, and
terminate on both excitatory (∼75%) and inhibitory (∼25%) neurons [73–75]. They
are only strong enough to elicit subthreshold responses in their postsynaptic neurons [76, 77], and are believed to only modulate their firing rates.
Long-range connections have patchy terminals in the superficial layers 1-3 [67–
71]. They have been observed in the input layers 4B and upper 4Cα in primates,
where they have bar-like terminals [69,71,72], and in layers 5 and 6 in primates and
carnivores, where they tend to be more diffuse [69, 70, 78]. (They do not, however,
seem to exist in the layer 4 of the tree shrew [79]). A clear tendency has been revealed for the patchy long-range projections of neurons in layer 2/3 to align with
the bar-like projections of neurons in layer 4B that lie directly below them [72].
We here remark that, as described in Section 1.4, our model is used both as a
model of the input layer 4Cα , and as an “effective” or “lumped” model which does
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not include the detailed laminar structure of V1. In the second case, we believe
that it still renders an adequate description of the signal observed in the voltagesensitive-dye-based imaging experiments whose results we address. This is because
the signal in these experiments reflects bulk membrane potential variations in the
imaged area, which, in turn, largely reflect subthreshold synaptic potentials and action potentials in all the dendrites that reach the superficial V1 layers, regardless of
the layer in which their respective soma lies [80]. Therefore, in the model, we also
use anatomical details of the horizontal connections that are more in line with those
in the superficial layers.
Long-range projections have been found to connect sites of like preferences,
such as orientation preference [81, 82], ocular dominance and cytochrome oxydase
blobs [83], and direction preference [84]. The shapes of the cortical regions covered
by horizontal projections of a given neuron differ from species to species, ranging
from just barely elongated along the retinotopic axis in macaque [83] and new world
monkeys [68] (anisotropy ratio ∼1.5–1.8) to highly elongated in the tree shrew [67]
(anisotropy ratio ∼4).
In contrast to short-range connections, long-range connections in V1 appear to
be mediated by both AMPA and NMDA. In particular, in-vitro stimulation of white
matter leads to the conclusion that firing by layer 3 pyramidal neurons may be
driven and synchronized by long-range, horizontal connections, mediated in part by
NMDA [27]. Additionally, long-range horizontal inputs to cells in layers 2 and 3 can
sum nonlinearly [77], which is indicative of NMDA receptor involvement in long
range connections due to the voltage-dependent conductance of the NMDA channel [85]. Moreover, visual response in the superficial V1 layers 1-3 was observed to
be in part mediated by NMDA receptors, both in cats [86] and the macaque [87].
This evidence should give credence to the claim that both AMPA and NMDA mediate synaptic transmission through long-range horizontal connections in V1.
The precise role of the long-range horizontal connections in V1 is as yet unknown, however, it appears that they contribute to spatial summation of stimuli and
contextual effects from outside of a given neuron’s classical receptive field [69, 88].
They may also contribute to synchronous firing of cells with similar orientation preferences, especially when those cells are separated by more than 0.4 mm [89,90] (see
also Section 1.4.1, especially Figure 1.5), and the synchronization of fast, γ -band
(25–90Hz), oscillations present in the collective firing rates of neuronal populations
over distances of ∼5 mm [91, 92]. Simulations using our model [1, 2] suggest that
particularly striking examples of the long-range connection contributions may be in
millimeter-scale spatiotemporal patterns of spontaneous cortical activity [13,14] and
activity induced by the Hikosaka-motion-illusion stimulus [18], which have been
observed in experiments using voltage-sensitive dyes (see Sections 1.4.1 and 1.4.2).
In addition to the diverse spatial scales, the neuronal network in V1 also operates
within a large range of temporal scales. The manifestations of selectivities such
as orientation tuning are actually strongly dynamical, as revealed by reverse-time
correlation experiments [93, 94], which reveal some of the time-scales operative
in V1 cortical processing. These are: the LGN response time τlgn = O(102 ) ms,
reflecting the composition of retinal and genicular processing of visual stimulation;
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the various time-scales of synaptically mediated currents τsyn = O(3-200 ms), as
described in the introduction; and τG = C/[G], where C is cellular capacitance and
[G] a characteristic size of total synaptic conductances. Recall that τG is the timescale of response of a neuron, and is a property of network activity. The higher
the activity, the shorter is τG , usually about O(2-5 ms). Intracellular measurements
have shown that under visual stimulation, cellular conductances can become large,
increasing by factors of two or three, and tend to be dominated by (cortico-cortical)
inhibition [9, 20–23].
Some prior theoretical studies of cortical effects induced by short- and longrange horizontal connections in V1 include (but are by no means limited to) the
following: An I&F computational model with an idealized architecture was studied in [95]. The largely analytical studies of [96–98] address the role of long-range
connections, studying stationary cortical pattern formation and stability. The role
of recurrent excitation in a network model was studied in [99]. A large-scale computational model of neuronal orientation tuning in V1 was presented in [100]. A
detailed large-scale, highly-realistic, local computational model of neurons in 4 orientation hypercolumns in the input layer 4Cα of macaque V1 [8, 52, 101], which
included only short-range connections. Orientation selectivity of cells in this model
was shown to be greatly enhanced by recurrent interactions [101]. In [47], the model
was extended to include heterogeneity in LGN input.

1.3 The Large-Scale Computational Model
We model a patch (∼25 mm2 ) of primary visual cortex by a large network of N ∼
5 × 105 coupled, excitatory and inhibitory, simple and complex, integrate-and-fire
(I&F) point neurons distributed uniformly over a two-dimensional lattice. Of these
neurons, ∼ 75% are excitatory and ∼ 25% inhibitory. They are labeled by the index
i = (i1 , i2 ), corresponding to their positions in the lattice xi . Their type Li ∈ {E, I}
(excitatory, inhibitory) is assigned randomly with the probability corresponding to
its respective percentage in the population.
The intracellular membrane potentials of the neurons, Vi (t), are driven by the
changes in the conductances, GQ
i (t). Together, these variables evolve according to
the set of equations




d
Q
Vi (t) = −GL Vi (t) − ε L − ∑ GQ
,
i (t) Vi (t) − ε
dt
Q

(1.1a)

Q

G (t)
d Q
F
),
Gi (t) = − i Q + ∑ ∑ Si,Qj δ (t − T j,k ) + ∑ FiQ δ (t − Ti,k
dt
σ
j k
k

(1.1b)

except at the kth spike time, Ti,k , of the the ith neuron, which occurs when the membrane potential Vi (t) reaches the firing threshold Vi = ε T . The spike time Ti,k is
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recorded and the potential Vi reset to ε R , where it is held for an absolute refractory
period of τre f ms.
In equation (1.1a), GL and ε L are the leakage conductance and potential, respectively. The index Q in (1.1) runs over the types of conductances used, which are
characterized by their different decay time scales σ Q and reversal potentials ε Q .
In our model, we consider three conductance types Q ∈ {AMPA, NMDA, GABAA },
the first two of which are excitatory and the last inhibitory. Each spike from the
jth neuron gives rise to a jump of magnitude Si,Qj in the Q-type conductance of the
ith neuron. By setting the coupling strengths Si,AMPA
and Si,NMDA
to zero whenever
j
j
A
L j = I, and similarly setting Si,GABA
to zero whenever L j = E, we achieve that the
j
AMPA
excitatory conductances G
and GNMDA of any model neuron only jump when
that neuron receives a spike from an excitatory neuron within the network, while
its inhibitory conductance GGABAA only jumps when it receives a spike from an inhibitory neuron. Note that, the coupling strengths Si,Qj can be chosen so as to encode
many different types of network architecture. The system is also driven by external
input from the LGN. Each external input spike makes that neuron’s Q-type conductance jump by magnitude FiQ . We will further discuss the external input below.
In our model, we use reduced-dimensional units [101], in which only time retains
dimension, with units of conductance being [ms−1 ]. Typically, in these units, we set
the conductance time-scales σ AMPA = 2 ms, σ NMDA = 80 ms, σ GABAA = 7 ms, the
reversal potentials values ε L = 0, ε AMPA = ε NMDA = 14/3, ε GABAA = −2/3, the
threshold and reset voltages ε T = 1 and ε R = 0, the refractory period τre f = 2 ms,
and the leakage conductance GL = 0.05. The voltage constants correspond to the
physiological values ε L = −70 mV, ε AMPA = ε NMDA = 0 mV, ε GABAA = −80 mV,
ε T = −55 mV. The physiological leakage conductance is GL = 50 × 10−6 Ω −1
cm−2 .
According to equation (1.1b), the rise of each conductance GQ
i upon receiving a
spike is instantaneous, while its decay takes place on the time-scale σ Q . However,
our treatment can be readily extended to conductances in the form of an α -function
with both rise and decay time-scales. In this case, we typically use the rise timescale 0.05 ms for the AMPA and GABAA conductances, and 0.5 ms for the NMDA
conductance.

Short-range connections Each model neuron is isotropically, randomly connected
SR,Q SR,Q
to other nearby neurons, with interaction strengths Si,SR,Q
(|xi −
j = f Q,L j ∆ i, j S̄Li K
SR,Q
x j |). The normalized spatial kernel K
(r) is chosen to be the Gaussian
K SR,Q (r) =



|r|2
1
,
exp
−
π (DQ )2
(DQ )2

(1.2)

which decays on the spatial scale DQ ∼ 0.3 mm. In addition to being isotropic, this
choice of the coupling kernel also makes the modeled short-range connections nonspecific in neurons’ phase preference. The coefficients fQ,L j are chosen to reflect
the fact that a spiking excitatory neuron can only increase excitatory conductances,
and a spiking inhibitory neuron can only increase inhibitory conductances. The ran-
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dom connectivity matrix ∆i, j indicates whether neuron j is connected to neuron i.
SR,Q
The maximum strength S̄L
only depends on the type of conductance and the type
i
of the postsynaptic neuron.
Long-range connections Orientation specific, long-range (LR) connections are
anisotropic, excitatory, and project onto both excitatory and inhibitory cells. Their
LR,Q LR,Q
coupling coefficients are given by Si,LR,Q
= ∆i, j S̄L
K
(xi , θi , x j , θ j ), with maxj
i

LR,Q
imum coupling strengths S̄L
and long range coupling kernels K LR,Q . We require
i

LR,GABAA
= 0, reflecting the purely excitatory nature of the connections. The
that S̄L
i
long-range kernel K LR,Q (xi , θi , x j , θ j ) connects neurons in different pinwheels if
the difference in their preferred orientations θi − θ j ≤ ∆ θ ≈ π /16. It has a twodimensional Gaussian shape on the spatial scale DLR ∼ 1.5 mm, with eccentricity
LR,AMPA
LR
1∼2 [11]. In addition, we take the coupling strengths of the form S̄L
= Λ S̄L
i
i

LR,NMDA
LR , where Λ denotes the percentage of NMDA receptor
and S̄L
= (1 − Λ )S̄L
i
i
contribution to the total LR conductance [87, 102, 103].

Altogether, the coupling coefficients in equation (1.1) are the sum of the shortLR,Q
and long-range coupling coefficients, Si,Qj = Si,SR,Q
j + Si, j .
Modeling the LGN input and background noise The drive to our model cortex is
provided by model background noise and a model LGN (mLGN). The background
and mLGN spike trains arriving at a V1 neuron are modeled as independent Poisson
B
LGN
trains, with the corresponding spike times denoted by Ti,k
and Ti,k
, respectively.
We assume the background to be homogeneous, firing with the uniform rate RB . We
choose RB so that the spontaneous firing rate of the model V1 neurons due to both
the model background and the mLGN spontaneous firing is .5 spikes per second.
We assume that our rectangular model cortical patch corresponds to a rectangular
patch Ω of the visual space. (In our largest model so far, Ω = 9◦ × 6◦ .) To the ith
neuron, located at the lattice point xi in the cortical patch, we assign a corresponding
lattice point yi in Ω . We take the correspondence xi ↔ yi to be linear, which ignores
detailed retinotopic effects. This is reasonable provided the solid angle subtended
by Ω is sufficiently small. The ith neuron’s receptive field center ri is chosen at a
point scattered randomly within the solid angle α . 1◦ from yi .
In cat and macaque V1, both orientation preference and spatial phase preference
are conferred on cortical cells from the convergence of output from many LGN
cells [104]. In the simplest model, the details of these LGN cells are ignored, and
for each V1 neuron only the center and size of its receptive field, and its feature
preferences, are considered. Such a model describes the mLGN input rate to the ith
neuron in the linear spatiotemporal convolution form
RLGN
(t) = R̄LGN +
i

Z ∞
0

dτ

Z

Ω

d ρ I(ri − ρ ,t − τ ) K θi ,φi ,ωi (ρ ) K T (τ ),

(1.3)

where I(r,t) is the visual stimulus in Ω , and θi , φi , and ωi are this neuron’s preferred orientation, spatial phase, and spatial frequency, respectively. We choose the
spontaneous rate R̄LGN = 170 spikes/sec. The Gabor spatial kernel K θ ,φ ,ω (ρ ) =
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K r f (ρ ) cos [ω (ρx cos θ + ρy sin θ ) + φ ] − K̄ θ ,φ ,ω (ρ ) has a Gaussian spatial envelope
, as given by (1.2). The time kernel is given by
K r f with receptive
field size σr f ≈ 1◦

−t/τ f
K T (τ ) = K̄ T t τr−2 e−t/τr − τ −2
, with rise and decay times τr = 10 ∼ 16 ms,
f e

τ f = 40 ∼ 64 ms [105]. The radial kernel K̄ θ ,φ ,ω (ρ ) and the constant K̄ T are chosen
so that K θ ,φ ,ω has 0 mean and K T has a maximum of 340 spikes per second. The
LGN input model (1.3) is valid provided the stimulus contrast max(I) − min(I) is
sufficiently small in our simulation that the firing rate RLGN
never drops below zero.
i
A more detailed LGN model, valid for larger contrast values, is described in [47].
From neuron to neuron, the preferred orientation is laid out in pinwheel patterns
[53–55,106–108], the preferred phase is randomly chosen with uniform distribution
in [−π , π ] [56], and the preferred frequency is randomly chosen with the average
ω ≈ 1 cycle per ◦ [59–61].
As only the AMPA conductances receive feedforward input from the LGN, we put
NMDA = F GABAA = 0. The strengths F Q and F AMPA of the background
the strengths Fi,LGN
i,LGN
i,B
i,LGN
and LGN spikes are chosen to reflect the fact that, in addition to cortico-cortical
couplings, simple cells are driven by the mLGN and complex neurons are driven
by stimulus-independent background, with a continuum of “mixed type” cells inbetween [47, 49–51].
Computational method As mentioned in the introduction, we have developed a
new, highly effective and efficient computational method for solving equations (1.1).
This method has the following properties: (i) We employ an integrating factor exploiting the near-slaving of the neuronal membrane potential to the effective reversal potential in a high conductance state, and write the solution in the form of a
numerically-tractable integral equation. In this way, we can take large time-steps
even in the high-conductance state in which the I&F equations are stiff. (ii) Within
each time-step, we sort the approximated spike-times and apply an iterated correction procedure to account for the effects of each spike on all future spikes within
this time-step. We can thus account for the spike-spike interactions within a large
time-step of duration 1-2 ms. (This is very different from spike-time interpolation
of [109, 110].) (iii) We divide the network up into local clusters of approximately
the same size as the spatial scale of the local interactions, and treat these clusters in
such a way as to minimize the computational work associated with computing the
cortico-cortical interactions. The details of our computational method are described
in [30].

1.4 Dynamics of the Primary Visual Cortex
In our large-scale model, by adjusting the strengths of the local and long-range
cortico-cortical connections, we identify an “intermittent de-suppressed” (IDS) cortical operating state, characterized by (1) high conductance, (2) strong inhibition, (3)
large fluctuations, and (4) strong correlations among the neuronal membrane potentials, NMDA conductances, and firing rates. Fuctuations in the IDS state arise from
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intermittent firing events which are strongly correlated in time and in orientation
domains, and whose correlation time is controlled by the decay time-scale of the
NMDA conductance. In addition, this state is just below a “fluctuation controlled
criticality,” i.e., a bifurcation point above which there is hysteresis and bistability in
the firing dynamics of complex cells.
We emphasize that the significance of this single IDS state manifests itself in
the fact that the IDS state captures the dynamics of (1) large-scale, coarse-grained
spatiotemporal activity patterns occurring in the spontaneous as well as periodically
stimulated states in V1, as observed in the voltage-sensitive-dye imaging experiments [13, 14], (2) the spatiotemporal activity in V1 associated with the Hikosaka
line-motion illusion [18], and (3) orientation tuning of V1 neurons.

1.4.1 Patterns of spontaneous cortical activity
The cortical operating state in the absence of external stimuli still undergoes reorganization of information and so is expected to undergo rich spontaneous dynamics.
This is indeed the case in V1, where experiments of [13, 14] on anaesthetized cats
show that such activity forms highly structured and correlated coherent patterns on
the scales of several millimeters, which appear in regions of like orientation preference over many orientation hypercolumns and persist over time scales of ∼ 80 ms. In
our working hypothesis, this persistence time scale and the spatial-correlation structures implicate the combined effect of the orientation-specific, long-range corticocortical connections and the NMDA conductance time scale. In our view, these
spontaneous activity patterns reflect the rich dynamics of cortical operating states
and any theoretical V1 model must be constrained to successfully reproduce this
spatiotemporal activity. To study this spontaneous cortical activity without the modeling complications of the LGN, and to examine our working hypothesis, we employ
a network comprised of ∼5×105 model neurons within a ∼16 mm2 patch of 64 orientation hypercolumns, in which the long-range connections are orientation specific
and the time-scale associated with these connections is of the NMDA type [1].
Figure 1.1A shows the orientation preference map of V1 neurons, conferred on
them in our model by their afferent inputs from the LGN. Figure 1.1B,C shows
two instantaneous patterns of the neuronal membrane potentials V (x,t), which are
strongly correlated over like-orientation domains. Following [13,14], we define two
space-dependent measures of the model cortical state. The first is the “preferred
cortical state” of a neuron, which is defined to be the spatial pattern of the average
voltage VP (x; θd ) = ∑i V x,t i ; θd /N, evoked by a strong stimulus at this neuron’s
optimal orientation θd . Here, t i is this neuron’s ith spiking time and N is its total
number of spikes. The second measure, for the same
 neuron, is the “spike-triggered
spontaneous activity pattern,” Vst (x) = ∑ j V x,t j /M of the network without stimulus, again triggered by and averaged over this neuron’s spike times. At our IDS
operating state, achieved with moderate strengths of long-range lateral connections,
VP (x; θd ) and Vst (x) computed in our model are strongly correlated with one an-
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Fig. 1.1 (A) Model V1 cortical area with orientation hypercolumns. Preferred orientation is
coded by color. Pinwheel centers are marked by small white dots. The lengthscale of local inhibitory/excitatory couplings is indicated by the inner/outer radius of the black/white annulus in
the upper right corner. The extent of long-range connections is indicated by the large ellipse. Orientation domains that are coupled by the long-range connections to the neurons in the orientation
domain in the middle of the ellipse are indicated by rhombuses. (B) Spontaneous activity pattern
covering orientation domains of near-horizontal angles. The two ovals regions where voltages can
be highly correlated in time. (C) Spontaneous activity pattern covering orientation domains of two
orthogonal angles. [Reproduced with permission from Ref. [1], www.pnas.org, (Copyright 2005,
National Academy of Sciences, USA).]

other, as clearly shown in Figure 1.2A,D. In addition, from Figure 1.1A, it can be
seen that they also strongly resemble iso-orientation domains within the neuronal
orientation preference map.
The “similarity index” ρ (θd ;t) is the spatial correlation coefficient between the
preferred cortical state VP (x; θd ) and the membrane potential V (x,t) of the neurons
in the network. In particular,
i
ih
R
R
R h
x VP (x; θd ) − y VP (y; θd ) dy V (x,t) − y V (y,t)dy dx
ρ (θd ;t) = r h
i2 ,
i2 rR h
R
R
R
x VP (x; θd ) − y VP (y; θd ) dy dx
x V (x,t) − y V (y,t)dy dx
computed over an area of 4 × 4 pinwheels, which was roughly the area used in
experiments. We use ρ (θd ;t) to detect the evolution and persistence time scale of
the cortical activity patterns in the IDS state. The time evolution of ρ (θd ;t) in the
three computed regimes (two of which are discussed below) is presented in Figure 1.2G,I,K, and its time trace at θd = −60◦ in Figure 1.2H,J,L. In the IDS regime,
the evolution presented in Figure 1.2G,H indicates the typical pattern duration, before it switches to other orientations, to be ∼ 80 ms. This scale can also be gleaned
from the voltage and the similarity index temporal auto-correlation functions, as
shown in Figure 1.2B,C.
To further quantify our data in comparison with experiment, we compute the alltime similarity-index histogram by binning the similarity index ρ (θd ;t), for all θd ,
sampled at the rate νS =1 frame/msec for a total duration T = 256 sec. We also
compute the spike-triggered similarity-index histogram by binning ρ (θd ;t i ), sam-
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Fig. 1.2 (A) Preferred cortical state VP (x; θd ) of the neuron in the center of the square. (B,C)
Temporal autocorrelations of the membrane potential trace V and similarity index ρ in the IDS
state, averaged over the cortical location and θd . (D-L) Spike-triggered activity pattern Vst (x) for
the neuron in (A) and time-evolution of the similarity index over all preferred orientations and for
orientation preference −60◦ : (D,G,H) IDS, (E,I,J) uniform, and (F,K,L) locked state. [Reproduced
with permission from Ref. [1], www.pnas.org, (Copyright 2005, National Academy of Sciences,
USA).]

pled only on the spike times t i of neurons that have the same orientation preference
θop = θd , for the same duration T = 256 sec, and average over all θd . The all-time
and spike-triggered similarity index histograms for the IDS state are shown in Figure 1.3D,E. The IDS firing rate as a function of the similarity index, computed as
the ratio between the distributions in panels E and D of Figure 1.3, multiplied by
the rate νS , is shown in Figure 1.3F. Clearly, there is very good agreement with the
corresponding experimental results of [13], as reproduced in Figure 1.3A,B,C.
Computationally, we analyzed two more possible operating states of our model
cortex. If the long-range connections are sufficiently weak, a neuron’s spike-triggered
spontaneous activity pattern, Vst (x), becomes spatially homogeneous, as shown in
Figure 1.2E,I,J and Figure 1.3G,H,I. This state closely resembles the “homogeneous
phase” state investigated in an idealized mean-field model in [29]. If the long-range
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connections are very strong, Vst (x) becomes locked to a specific pattern of orientations that tends not to correlate with the neuron’s preferred cortical state VP (x; θd )
for most of the simulation time, as shown in Figure 1.2F,K,L and Figure 1.3J,K.
This state is similar to the “marginal phase” state in [29]. In neither of these last
two cases is the spike-triggered spontaneous activity pattern correlated with the preferred cortical state of the neuron in question, which is at variance with [14], nor
does the similarity index behavior capture experimental observations in [13].
All three of the analyzed model cortical operating states, in particular IDS, are
structurally robust. The robustness of IDS is further discussed in Section 1.5.
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Fig. 1.3 Top row: all-time similarity-index histogram. Middle row: spike-triggered similarityindex histogram. Bottom row: firing rate as a function of the similarity index. (A,B,C) Experimental
data. (D,E,F) IDS regime. (G,H,I) Homogeneous regime. (J,K) Locked regime. [Reproduced with
permission from Ref. [13], (Copyright 1999, by the American Association for the Advancement of
Science).][Reproduced with permission from Ref. [1], www.pnas.org, (Copyright 2005, National
Academy of Sciences, USA).]

Fixing the strengths of the long-range connections so that the model network
without any stimulus is in the IDS state, we now drive the model with a drifting
grating stimulus of given orientation θd , which is periodically turned on for 1 sec
and then off for 2 sec. The activity patterns triggered on the spikes of a neuron
with the preferred orientation θd are again similar to this neuron’s preferred cortical
state, VP (x; θd ). The time evolution of the similarity index ρ (θd ;t) corresponding
to the orientation θd is shown in the right panel of Figure 1.4. When the stimulus
is turned on, ρ (θd ;t) tends to rapidly swing into positive values. This reflects the
activity pattern strongly correlating with VP (x; θd ) for the evoked duration. When
the stimulus is turned off, ρ (θd ;t) tends to rapidly swing into negative values, and
then slowly return closer to zero. These features, including the “negative-swing”
phenomenon, are in good qualitative agreement with those observed experimentally
in [13], reproduced in the left panel of Figure 1.4.
Our analysis of the IDS state in our model V1 reveals that there is a chain of
strong correlations among the voltages, conductances, and firing rates in the system.
We find that the network operates in a state of high total conductance, GT ≫ GL ,
which implies that the membrane potential V (x,t) is slaved to the effective reversal
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Fig. 1.4 Temporal dynamics of the similarity index ρ (θd ;t). Left: Experiment. Right: IDS
state simulation. [Reproduced with permission from Ref. [13], (Copyright 1999, by the American Association for the Advancement of Science).][Reproduced with permission from Ref. [1],
www.pnas.org, (Copyright 2005, National Academy of Sciences, USA).]

potential V S (x,t) over the leakage-conductance time scale (GL )−1 ∼ 10 ms. (The
total conductance is defined as GT = ∑Q GQ , and the effective reversal potential as
V S = ∑Q GQ ε Q /GT , with Q = L, I, and E.) Our computations show that both these
potentials stay well below the firing threshold on average, making the model operation “fluctuation-driven.” The inhibitory conductances are much higher than the
excitatory conductances, GI ≫ GE , and the NMDA conductances are much higher
than the AMPA conductances. Using the above conductance relations and definition
of the effective reversal potential, it is easy to show that there is a chain of statistical
correlations V (x,t) ∼ V S (x,t) ∼ GNMDA /GI . Furthermore, our IDS state exhibits a
correlation between GNMDA and GI in a sublinear fashion, i.e, a smaller increase in
GI is correlated with a larger increase in GNMDA . Therefore, we have GNMDA correlated with V (x,t) and V S (x,t). In addition, a strong correlation of the firing rate
m(t) with the membrane potential V (x,t) and the NMDA conductance GNMDA is observed in the IDS state. The fact that these physiologically reasonable correlations
are observed only in the IDS state strongly constrains the model’s cortico-cortical
coupling strengths. Finally, we mention that only in the IDS state is the subthreshold activity consistent with physiologically realistic 2-10 spikes/sec spontaneous
and 10-60 spikes/sec evoked firing rates.
Dynamically, the IDS operating state is an intermittent cycle: A small number of
spontaneous firings of excitatory neurons increases (typically over a timecourse of
≤ 5 ms) the NMDA conductances and so also the membrane potentials of neurons in
domains with like orientation preference within ∼ 1 mm via the long-range connections. These conductances and potentials become nearly statistically synchronized.
When the inhibition in a region undergoes a transient drop, (i.e., the network becomes de-suppressed), a spontaneous firing of a single excitatory neuron will recruit
many other neurons to fire. These correlated firing events occur within ≈ 10 ms.
These patterns are then spread to other iso-orientation domains of like preference
via a cascade of successive firing events. As a result, the induced spatial patterns
of the voltage closely resemble the iso-orientation domains in the orientation preference map and the “preferred cortical state.” Shortly thereafter, these excitatory
recruitment events trigger strong inhibition mediated by local connections, which
suppresses any further recruitment. The pattern then slowly drifts or decays on the
NMDA conductance decay scale σ NMDA ∼ 80 ms, and the inhibition decays with
it. Thus, a key mechanism underlying the spontaneous cortical activity patterns in
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the IDS operating state is this rapid correlated recruitment of excitatory neurons in
iso-orientation domains.
To illustrate these features of the IDS, we return to Figure 1.1B,C, which show
two instantaneous patterns of spontaneous cortical activity at our IDS operating
state. In both figures, instantaneous neuronal membrane potentials V (x,t) are plotted, with low activity regions masked off by black color. The regions of high activity shown in Figure 1.1B cover iso-orientation domains corresponding to nearhorizontal angles. As discussed in the previous paragraph, even relatively distant
parts of such high-activity regions become activated almost simultaneously, with
the entire pattern then drifting slowly over the cortical surface, persisting for ∼ 80
ms. Multi-angle patterns, such as the one shown in Figure 1.1C, which corresponds
to two orthogonal angles, can also occur. In this case, the activation regions corresponding to the two angles are mostly well-separated, but parts of them may be
present in the same orientation pinwheels. This pattern also persists over ∼ 80 ms,
and is thus not a short transient. These drifting, multi-angle patterns do not occur in
the locked state described above and are not consistent with the theory of marginal
phase [29].
V1S

V2

S

10 mV

10 mV
1 sec

1sec

Fig. 1.5 Synchronized trace pairs of neuronal voltages. (The neurons in the pair are not firing.)
Left: Experimental measurements in cat V1. Right: Simulation in the IDS state in our model V1.
[Reprinted from Ref. [19], Copyright 1999, with permission from Elsevier.][Reproduced with permission from Ref. [1], www.pnas.org, (Copyright 2005, National Academy of Sciences, USA).]

Another manifestation of the above-described scenario and the role of the longrange connections in the IDS state is the near-synchronization of neuronal membrane potentials in pairs of neurons located within ∼ 0.5 mm from one-another in
our model V1, as shown in the right panel of Figure 1.5, which occurs even when
the neurons in the pair are not spiking. This synchronization can be explained by
the common synaptic inputs from long-range connections. These near-synchronized
voltage traces capture well the corresponding experimental result [19], as shown in
the left panel of Figure 1.5.
The NMDA component present in the long-range cortico-cortical connections is
crucial for capturing the spatiotemporal dynamics and persistence scale of the spontaneous cortical activity patterns. If there were no NMDA conductance, i.e., Λ = 0,
the model cortex still can manifest an IDS-like state, but it exhibits a wrong persistence time scale for the patterns, that of only ∼ 20 ms. We note that the involvement
of the NMDA conductances in the evolution of spontaneous activity patterns in the
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model cortex is consistent with the experimentally observed reduction of such activity in cats in vivo after blocking the NMDA receptors [86, 111].
Fig. 1.6 Cortical input from
the model LGN, which is a
spatiotemporal convolution
of the external stimulus. Top:
the moving square. Bottom:
the Hikosaka stimulus. White
rectangles: stimulus. Gray
rectangles: LGN input to V1.
[Reproduced with permission
from Ref. [2], www.pnas.org,
(Copyright 2005, National
Academy of Sciences, USA).]
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1.4.2 Line-motion illusion
The stimulus paradigm that induces the Hikosaka line motion illusion is the following: a cue of a small stationary square is flashed on a display for ∼ 50 ms, which
is then followed by an adjacent stationary bar ∼ 10 ms after the removal of the
square [17] . This stimulus creates the perception that the bar continuously grows
out of the square, which is termed as the line-motion illusion. As revealed by optical imaging experiments using voltage-sensitive dye, this stimulus in fact creates
in V1 a cortical activity pattern very similar to that created by a small, fast-moving
square [18]. It was suggested that this similarity is the neurophysiological correlate
associated with the pre-attentive perception of illusiory motion.
To investigate the mechanisms underlying the V1 activity patterns associated
with the Hikosaka motion illusion, we examine the spatiotemporal cortical dynamics
under the Hikosaka stimulus using our model cortex consisting of ∼ 106 neurons,
covering 96 orientation hypercolumns spanning an ∼ 6 mm × 4 mm area of V1.
In this modeling, we aim to examine the response properties of the IDS state, so,
in the absence of external stimuli, we tune the model cortex to the IDS state [2]. We
first discuss the cortical input sculpted by our model LGN, which is a spatiotemporal
convolution of the external image. For the moving square and the Hikosaka stimulus,
it is apparent that these cortical inputs from the model LGN bear little resemblance
to one-another, as shown in Figure 1.6.
We calibrate the strength of our model LGN using a flashed square as the stimulus. The input strength of the model LGN is the only additional parameter to the IDS
state and is chosen so as to ensure reasonable agreement between the spatiotemporal activity of our model V1 and the experimental signal in [18], as displayed in
Figure 1.7A,B,C. The square is flashed for 48 ms. The delayed surge of cortical
activity evoked by the square appears at ∼ 50 ms after the square is first presented,
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and eventually decays. After fixing the LGN strength, we next examine the cortical
activity patterns evoked by a stationary bar. The delayed surge of activity due to the
bar again appears ∼ 50 ms after the presentation of the stimulus. The spatiotemporal
dynamics exhibits good agreement between the real and model cortices, as shown
in Figure 1.7D,E,F.
In Figure 1.7G–N, we display the activity due to the moving square and the
Hikosaka stimuli. We find good agreement between the effective reversal potential
V S and NMDA conductance GNMDA profiles in our model V1 and the experimental
voltage-sensitive-dye measurement. In particular, the moving square produces an
area of activity growing rightward out of the initial cortical response to the square,
with an onset delay of about ∼ 50 ms. This activity area fills out the cortical image of the square’s path, and eventually decays. The Hikosaka stimulus — a square
flashed for 48 ms followed 10 ms later by a bar — also produces an area of activity
growing rightward out of the initial cortical response to the square. For both stimuli,
there is a remarkable degree of correlation between the effective reversal potential
V S and NMDA conductance GNMDA profiles. It should be stressed that such close
correlation only occurs in the IDS operating state. Most importantly, both in the real
and model cortex, the activity patterns corresponding to both stimuli are remarkably
similar. As mentioned above, this similarity was suggested to be the neurophysiological correlate associated with the illusory motion perception [18].

Fig. 1.7 Spatiotemporal pattern of the cortical activity corresponding to the (A) flashed and (G)
moving square, (D) bar, and (K) Hikosaka stimulus. (B,E,H,L) Voltage-sensitive-dye signal measured in the experiments. (C,F,I,M) Effective reversal potentials in model V1. (J,N) NMDA conductances in model V1. [Adapted by permission from Macmillan Publishers Ltd. from Ref. [18],
copyright 2004.][Reproduced with permission from Ref. [2], www.pnas.org, (Copyright 2005, National Academy of Sciences, USA).]

What is the network mechanism underlying the cortical activity associated with
the motion illusion? Our model V1 dynamics provides an intriguing scenario: In our
V1 network, as soon as the square is flashed, it temporarily increases the model LGN

1 Large-Scale Computational Modeling of the Primary Visual Cortex

21

input to the left side of the model cortex. Enough excitatory conductance builds up
under this input during the 48 ms of the square’s presentation that within ∼ 50 ms
the neurons in the impacted cortical area are recruited to begin spiking. Through
the long-range connections, these spikes raise the NMDA conductances in a larger
cortical region, reaching the middle and right of the model cortex. Due to the spatial
decay of the long-range coupling strength, GNMDA elevation is more pronounced
closer to the trace of the square in the cortex. The elevated GNMDA persists for about
∼ 80 ms, and because of the GNMDA − V S correlation, the neuronal membrane potentials also rise in the same cortical area during the same time period. As the bar is
shown on the screen and the model LGN input increases in the cortical footprint of
the bar, the neurons more to the left have on average higher voltages and thus have
higher probability to fire than those more to the right. (See [2] for details.)
Crucial in the scenario about the network mechanism underlying the spatiotemporal activity associated with the line-motion illusion is the above-mentioned “priming” effect of the NMDA conductances raised through the long-range cortical connections of the model network in the IDS state. It is well known [76, 77] (see also
Section 1.2) that long-range connections are not strong enough to directly cause
firing of their target neurons, but do increase activity through subthreshold modulation. This observation places a strong constraint on the long-range connection
strength in our model cortex, since long-range connections that are too weak would
not be able to properly “prime” the rest of the model cortex at all (see also below),
and long-range connections that are too strong would cause direct neuronal spiking in large parts of the model cortex instead of priming the cortex via subthreshold
modulation. In neither case would we be able to reproduce experimentally-observed
spatiotemporal activity associated with the line-motion illusion.

Fig. 1.8 Contrast dependence of the velocity and onset of the activity associated
with the line-motion illusion.
(A) Experiment [18]. (B)
Simulation. [Adapted by permission from Macmillan Publishers Ltd. from Ref. [18],
copyright 2004.][Reproduced
with permission from Ref. [2],
www.pnas.org, (Copyright
2005, National Academy of
Sciences, USA).]
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We note that this priming mechanism provides an explanation for yet more experimentally observed phenomena [18]: (1) The propagation speed of the cortical activity is independent of the contrast of the flashed square cue for a constant contrast
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of the bar. (2) The onset time of the growing spatiotemporal pattern does depend
on the contrast. In particular, for a cue with less contrast, the activity emerges later.
Figure 1.7 clearly demonstrates this agreement between our modeling results and
experimental observation [18]. The simple reason for this phenomenon is that the
neurons in the middle of the model cortex are “primed” more by a higher-contrast
stimulus, and thus can fire earlier when the bar is shown.
As emphasized above, our computational modeling approach affords us great
flexibility to investigate cortical mechanisms. Here, to better understand the role of
the NMDA-induced priming in the cortical dynamics under the Hikosaka stimulus,
we perform numerical experiments on a number of hypothetical alternative cortices
and/or cortical setups. First, we consider a model cortex with very weak long-range
connections, i.e., in the homogeneous operating state, shown in Figure 1.9A,B. In
this state, the correlation between the effective reversal potential V S and the NMDA
conductance GNMDA is lost, and so is the priming effect of the square cue which the
long-range connections are too weak to transmit. This cortex essentially reproduces
the LGN input. A model cortex with the long-range connections dominated by the
AMPA conductances (i.e. Λ ≈ 0) exhibits similar, LGN-dominated behavior, shown
in Figure 1.9C,D. In this case, GAMPA decays too fast for the priming effect of the
long-range connections to last sufficiently long. In both these cases, the neuronal
membrane potentials in the middle of the model cortex are not elevated when the
LGN stimulus caused by the bar arrives, and, therefore, the neurons in the middle
fire no sooner than the neurons on the right of the cortex.

Fig. 1.9 Alternative cortical operating states and parameter regimes: (A,B) Homogeneous state.
(C,D) AMPA-dominated long-range connections. (E,F) GNMDA values flipped from left to right at
68 ms. (G,H) NMDA release blocked on the left side of the model cortex. (I,J) Strongly locally
inhibited model cortex. (K,L) Bar growing from left to right. (M,N) Activity due to the Hikosaka
stimulus. [Reproduced with permission from Ref. [2], www.pnas.org, (Copyright 2005, National
Academy of Sciences, USA).]
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Figure 1.9E,F shows a thought-experiment with the model cortex in the IDS state
and driven by the Hikosaka stimulus, but with the GNMDA values flipped at 68 ms
from left to right. Thus, the right of the model cortex is more primed than the middle, and consequently the activity corresponding to the illusion now grows from
right to left instead of from left to right. Figure 1.9G,H shows what happens if we
instead block the NMDA release on the left side of the model cortex. As the square
cue can no longer prime the middle of the model cortex, the V S − GNMDA activity
profile on its right side appears similar to the profile in the case when only the bar is
flashed, shown in Figure 1.7F. If the model cortex is very strongly locally inhibited,
its right area recruits before its middle area, which is under suppression induced by
the square cue, as shown in Figure 1.9I,J.
If we stimulate the model cortex by a bar growing from left to right, the resulting
cortical activity is illustrated in Figure 1.9K,L. The spatial patterns of voltage and
NMDA in this case strongly resemble those of the Hikosaka stimulus, shown in
Figure 1.7M,N and again in Figure 1.9M,N.
In our priming mechanisms discussed above, the spatiotemporal activity associated with the line-motion illusion does not depend critically on the exact shape of
the cue or the subsequent bar. In particular, any small object that gives rise to an
NMDA profile with a spatial gradient can serve as a cue. Any other, longer object,
whose position on the screen is close enough to that of the cue, can serve instead of
the bar by taking advantage of the NMDA gradient to induce recruitment near the
cortical image of the cue faster than farther away from this image. If we interpret
the spatiotemporal activity in V1 induced by the Hikosaka stimulus as the neurophysiological correlate associated with the line-motion illusion, then any stimuli
satisfying the just-described attributes should produce illusory percept according to
our priming mechanism. This is indeed the case: In Figure 1.10, we show several
Hikosaka-like stimuli that all induce the illusory motion sensation: These stimuli all
have diffuse and/or curved edges, some are not connected in space (Figure 1.10B,C),
have a cue that is not a part of the “bar” (Figure 1.10A,B), or have low or varying
contrast (Figure 1.10C,D), yet they all give a motion illusion sensation. (See the
movie in the supplementary material of [2].) Since we are dealing with the preattentive line-motion illusion, the cue must be shown for ∼ 40 ms, and then the “bar”
almost immediately afterwards, to avoid the attention-induced line-motion illusion.

Fig. 1.10 Alternative
Hikosaka stimuli. Top row:
cues. Bottom row: “bars.”
[Reproduced with permission
from Ref. [2], www.pnas.org,
(Copyright 2005, National
Academy of Sciences, USA).]
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The main ingredients in our network mechanism that give rise to the spatiotemporal activity associated with the line-motion illusion are (1) the spatiotemporal input structure sculpted by the model LGN, (2) the cue-induced priming effect of the
long-range NMDA cortico-cortical conductances, and (3) the strong V S − GNMDA
correlation in the IDS operating state. We should stress that, in our model, the spatiotemporal activity associated with the line-motion illusion arises within V1 as a result of local and long-range cortico-cortical interactions without any feedback from
other cortical levels (except spatiotemporally uniform Poisson noise to model the
simple baseline activity of V1). The success of this parsimonious model in modeling the spatiotemporal activity associated with the line-motion illusion and its similarity to that induced by a moving square therefore makes the V1 cortical circuitry
a likely candidate for the similarity observed in cat V1 between the spatiotemporal
activity induced by a moving square and that induced by the Hikosaka stimulus in a
preattentive line-motion illusion [18].

1.4.3 Orientation tuning
To investigate the dynamics of orientation tuning in V1, we use both a large-scale
model as in the previous section and a model incorporating only short-range corticocortical connections and representing a 1 mm2 local patch, covering 4 orientation
hypercolumns that contain O(104 ) model neurons [3]. After being constrained to
operate in an IDS-like state, the model network reproduces a number of experimentally observed properties related to orientation tuning dynamics in V1, and reveals
possible mechanisms responsible for orientation selectivity in V1.
The model network gives rise to a continuum of simple and complex cells, as
characterized by the modulation ratio F1/F0 of the firing rate averaged over the
cycle of the drifting-grating used as the stimulus. This is the ratio between its first
Fourier component and its mean at preferred stimulus orientation, and is > 1/2 for
simple and < 1/2 for complex cells. We found the distribution of the firing-rate
F1/F0 across model cortex to be bimodal and broad, as in [35, 112]. We also found
the distribution of modulation ratio for the effective reversal potential V S , which
represents the intracellular voltage, to be unimodal, as in [113].
For individual model neurons, we obtain their steady-state tuning curves by averaging their responses under drifting-grating stimuli presented at different orientation
angles. We study these curves for the firing rates, membrane potentials, and conductances, which include that arising from the geniculate excitation, as well as those resulting from excitatory and inhibitory cortico-cortical connections. Sample neurons,
presented in Figure 1.11, show well-tuned firing rates for both simple and complex
cells, regardless of their positions in the orientation columns, as in [12, 107, 114].
On the other hand, the membrane potential and total conductance are tuned more
broadly in cells near the pinwheel centers (Figure 1.11a–d) than in iso-orientation
domains (Figure 1.11e,f) [12,114]. Moreover, in iso-orientation domains, the firingrate, membrane-potential, and conductance tuning curves for a given neuron are
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well aligned in orientation angle with one-another (their peaks are at the same angle
locations), while near the pinwheel centers the relationship between the conductance and firing-rate tuning curves is in general more varied and complicated (for
example, their peak locations can differ) [12].
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Fig. 1.11 Tuning curves for neurons near the pinwheel center (a–d) and in iso-orientation domains
(e,f); (a,b,e) are simple and (c,d,f) complex cells. Firing rate, membrane potential, geniculate excitation, excitatory and inhibitory cortico-cortical conductances are plotted. Solid lines represent
the mean values at medium contrast. Dash-dotted lines represent the mean values at low contrast.
Dashed lines represent the mean plus/minus one standard deviation. There is little or no LGN input
to complex cells in (c,d,f). [Reproduced with permission from Ref. [3], www.pnas.org, (Copyright
2006, National Academy of Sciences, USA).]

One quantitative measure of orientation selectivity
R stimuli is
R for drifting grating
the circular variance (CV), defined as CV [m] = 1 − 0π m (θ ) e2iθ d θ / 0π m (θ ) d θ ,
where m(θ ) is the time-averaged firing rate. CV is near 0 for well-tuned neurons,
near 1 for poorly-tuned neurons, and in-between otherwise. We display the statistical
distribution of the CV for the excitatory neurons in our network in Figure 1.12. In
particular, Figure 1.12a reveals the approximate contrast invariance of orientation
selectivity [7], and Figure 1.12b shows that orientation selectivity for the firing rates
is almost independent of the neuron’s location within the orientation column [12,
107, 114].
The mechanism for orientation tuning in iso-orientation domains is relatively
simple: all neurons receive spikes only from neighbors with like orientation preference, so all the cortical conductances, membrane potentials, and firing rates are
simply sharpened versions of the LGN drive. Near pinwheel singularities, however,
sparsity of connections in our model network is needed for conductances and membrane potentials to be tuned. Namely, in a densely connected network, they would
be untuned as they would be composed of roughly equal contributions from a number of LGN-drive-dominated simple cells with all possible orientation preferences.
Sparsity is thus also needed to achieve tuned firing rates for complex cells near
pinwheel centers, since untuned conductances could not confer any tuning upon
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Fig. 1.12 (a) Circular variance at medium versus low
contrasts. (b) Dependence of
circular variance on the distance from a pinwheel center:
EC and ES are excitatory
complex and simple cells, respectively. [Reproduced with
permission from Ref. [3],
www.pnas.org, (Copyright
2006, National Academy of
Sciences, USA).]
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them. (See [3] for details.) In addition, strong cortical amplification is needed to
sharpen the complex cell tuning, and strong gain for contrast invariance. Synaptic
fluctuations in the network, again induced by its sparsity, give it stability. Our modeling work further reveals that there is a bifurcation mechanism, the “fluctuationcontrolled criticality” [3], underlying the orientation tuning dynamics of simple and
complex cells.

b) 500

a) 500
Number of Excitatory Cells

Fig. 1.13 Spike-rate hysteresis in the V1 model as
characterized by ∆ Nspikes .
∆ Nspikes > 0 if the cell spiked
more during the contrast decrease than increase. Simple
cells are depicted by broken
line and complex by solid line.
(a) Ne f f = 96. (b) Ne f f = 768.
[Reproduced with permission
from Ref. [3], www.pnas.org,
(Copyright 2006, National
Academy of Sciences, USA).]
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We arrived at the bifurcation structure associated with the “fluctuation-controlled
criticality” through studying the effects of synaptic fluctuations on the behavior of
the model network. By varying the connectivity sparsity, we control the effective
network connectivity Ne f f , which is the average number of pre-synaptic neurons
coupled to a given neuron. If Ne f f is too large, i.e., fluctuations are small, many
complex cells become bistable when there is sufficient excitation for them to become
tuned. As usual, there is a hysteresis related to this bistability. In order to bring this
hysteretic behavior to the fore, for fixed values of Ne f f , we slowly ramped up and
then down the stimulus contrast. We then recorded the distributions of ∆ Nspikes for
both simple and complex cells, where ∆ Nspikes is the difference in the number of
spikes during the contrast decrease and increase, respectively. The results for two
such effective connectivities are shown in Figure 1.13. For a relatively small Ne f f =
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96, i.e., a sparse network with strong fluctuations, both distributions are roughly
even in ∆ Nspikes . On the other hand, for a relatively large Ne f f = 768, i.e., a meandriven network, the distribution of ∆ Nspikes is centered at ∆ Nspikes > 0, indicative of
hysteresis.
This “fluctuation-controlled criticality” can be further illustrated using a highly
idealized, minimal network model. In this model, we let one half of the neurons
receive feedforward drive in the form of Poisson spike trains with identical rates
ν0 and spike strengths f (simple cells), and the other half only strong intracortical
excitation (complex cells). Both receive strong intracortical inhibition. We ignore
any spatial structure of the cortico-cortical coupling, but we do include sparsity in
the network connections. We include both fast AMPA and slow NMDA components
in the excitatory conductances. In the absence of any NMDA component in the excitatory conductances, our numerical analysis reveals a two-parameter bifurcation
diagram of the firing rate per neuron versus the driving strength f ν0 of the simple
cells and the effective network connectivity Ne f f , which controls the synaptic fluctuations, as shown in Figure 1.14. Bistability and hysteresis arise for sufficiently large
Ne f f . We find a similar bifurcation structure when we add an NMDA component to
the cortico-cortical excitation, with less NMDA component increasing the amount
of fluctuations, thus smoothing the gain curves and taking the network out of the
bistable range.

300
250

Firing Rate

Fig. 1.14 Bifurcation diagram near the “fluctuationcontrolled criticality” in an
idealized network. The firing rate is for complex cells.
There is a transition to bistability as Ne f f is increased.
[Reproduced with permission
from Ref. [3], www.pnas.org,
(Copyright 2006, National
Academy of Sciences, USA).]
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In the model network, the IDS state operates just below this “fluctuation-driven
criticality” in order to have strong cortical amplification and gain, yet not be in the
bistable regime, so that our complex cells exhibit experimentally observed tuning
properties.

1.5 Discussion
In our modeling, we have not only successfully reproduced experimentally observed
phenomena quantitatively and qualitatively, but also investigated the network mechanisms underlying these phenomena. In addition, we have carefully verified the

28

Aaditya V. Rangan, Louis Tao, Gregor Kovačič, and David Cai

structural robustness of dynamical regimes that exhibit the desired physiological
behavior types. We have described some of these verifications in the previous sections. They include the studies of the bistability and hysteresis responsible for neuronal orientation tuning in V1, as well as the investigations of how the corresponding bifurcation point depends on both the driving strength and the percentage Λ
of the NMDA conductances, described in Section 1.4.3. Our structural robustness
verifications further include the studies of the alternative cortical operating states in
Sections 1.4.1 and 1.4.2, various scenarios depicted in Figure 1.9C–L that may be
potentially related to pharmacological manipulation in the real experimental setting,
and the variety of stimuli that induce similar spatiotemporal V1 activity associated
with the line-motion illusion shown in Figure 1.10.
Furthermore, we have incorporated the consequences of additional physiological
properties including synaptic failure, spike frequency adaptation, synaptic depression, and axonal delays, and have verified that they do not significantly alter the
mechanisms underlying the cortical activities in our model V1.
Structural robustness also manifests itself with respect to certain parameter
changes and small changes in cortical architecture. In particular, by readjusting the
cortical coupling strengths, we can sustain the neuronal dynamics in the IDS regime
over broad network parameter and architectural ranges, which allows for the same
network mechanisms to underlie the physiological phenomena we have modeled.
We have observed that the IDS state can remain the cortical operating state for (1)
the percentage Λ of GNMDA in the total conductance of the long-range connections
ranging from ∼ 5% to 100%; (2) the ratio of major to the minor axis, i.e. the eccentricity, of the long-range elliptical coupling kernel [11] ranging from ∼ 1 to 2,
as well as arbitrary orientation of the ellipse; (3) the orientation spread projected
by the long-range couplings, ±∆ θLR from ±5◦ to ±11◦; (4) the extent of the local
excitatory or inhibitory interaction length-scales ranging from 100µ m to 300 µ m,
and their ratio from ∼0.5 to ∼2; (5) the background firing rate RB ranging from 2 to
∼20 spikes/sec; and (6) the NMDA decay time ranging from σ NMDA = 40 ms to 80
ms.
Finally, we should emphasize that our results are robust even to the individual
neuronal model we used. In particular, by retuning the cortical parameters, we can
reproduce our results with the same underlying cortical mechanisms regardless of
whether we use linear or exponential [115] I&F point neurons.
Acknowledgment A.V.R. and D.C. were partly supported by the NSF grant DMS0506396 and by the Schwartz foundation. L.T. was supported by the NSF grant
DMS-0506257. G.K. was supported by NSF grants IGMS-0308943 and DMS0506287, and gratefully acknowledges the hospitality of the Courant Institute of
Mathematical Sciences and Center for Neural Science during his visits at New York
University in 2003/04 and 2008.

1 Large-Scale Computational Modeling of the Primary Visual Cortex

29

References
1. D. Cai, A. V. Rangan, and D. W. McLaughlin. Architectural and synaptic mechanisms underlying coherent spontaneous activity in V1. Proc. Natl. Acad. Sci. USA, 102:5868–5873,
2005.
2. A. V. Rangan, D. Cai, and D. W. McLaughlin. Modeling the spatiotemporal cortical activity
associated with the line-motion illusion in primary visual cortex. Proc. Natl. Acad. Sci. USA,
102:18793–18800, 2005.
3. L. Tao, D. Cai, D. W. McLaughlin, M. J. Shelley, and R. Shapley. Orientation selectivity in
visual cortex by fluctuation-controlled criticality. Proc. Natl. Acad. Sci. USA, 103:12911–
12916, 2006.
4. A. Arieli, D. Shoham, R. Hildesheim, and A. Grinvald. Coherent spatiotemporal patterns of
ongoing activity revealed by real-time optical imaging coupled with single-unit recording in
the cat visual cortex. J. Neurophysiol., 73:2072–2093, 1995.
5. D. Fitzpatrick. Cortical imaging: capturing the moment. Curr. Biol., 10:R187–R190, 2000.
6. R. C. Kelly, M. A. Smith, J. M. Samonds, A. Kohn, A. B. Bonds, J. A. Movshon, and T.S. Lee. Comparison of recordings from microelectrode arrays and single electrodes in the
visual cortex. J. Neurosci., 27:261–264, 2007.
7. J. Anderson, I. Lampl, D. Gillespie, and D. Ferster. The contribution of noise to contrast
invariance of orientation tuning in cat visual cortex. Science, 290:1968–1972, 2000.
8. M. J. Shelley, D. W. McLaughlin, R. Shapley, and J. Wielaard. States of high conductance in
a large-scale model of the visual cortex. J. Comp. Neurosci., 13:93–109, 2002.
9. D. Pare, E. Shink, H. Gaudreau, A. Destexhe, and E. J. Lang. Impact of spontaneous synaptic
activity on the resting properties of cat neocortical pyramidal neurons In vivo. J. Neurophysiol., 79:1450–1460, Mar 1998.
10. R. Dingledine, K. Borges, D. Bowie, and S. F. Traynelis. The glutamate receptor ion channels. Pharmacol. Rev., 51:7–61, 1999.
11. A. Angelucci, J. B. Levitt, E. J. Walton, J. M. Hupe, J. Bullier, and J. S. Lund. Circuits
for local and global signal integration in primary visual cortex. J. Neurosci., 22:8633–8646,
2002.
12. J Marino, J. Schummers, D. C. Lyon, L. Schwabe, O. Beck, P. Wiesing, K. Obermayer,
and M. Sur. Invariant computations in local cortical networks with balanced excitation and
inhibition. Nat. Neurosci., 8:194–201, 2005.
13. M. Tsodyks, T. Kenet, A. Grinvald, and A. Arieli. Linking spontaneous activity of single
cortical neurons and the underlying functional architecture. Science, 286:1943–1946, 1999.
14. T. Kenet, D. Bibitchkov, M. Tsodyks, A. Grinvald, and A. Arieli. Spontaneously emerging
cortical representations of visual attributes. Nature, 425:954–956, 2003.
15. A. Grinvald and R. Heildesheim. VSDI: a new era in functional imaging of cortical dynamics.
Nat. Rev. Neurosci., 5:874–885, 2004.
16. M. N. Shadlen and W. T. Newsome. The variable discharge of cortical neurons: implications
for connectivity, computation and information coding. J. Neurosci., 18:3870–3896, 1998.
17. O. Hikosaka, S. Miyauchi, and S. Shimojo. Focal visual attention produces illusory temporal
order and motion sensation. Vis. Res., 33:1219–1240, 1993.
18. D. Jancke, F. Chavance, S. Naaman, and A. Grinvald. Imaging cortical correlates of illusion
in early visual cortex. Nature, 428:423–426, 2004.
19. I. Lampl, I. Reichova, and D. Ferster. Synchronous membrane potential fluctuations in neurons of the cat visual cortex. Neuron, 22:361–374, 1999.
20. L. Borg-Graham, C. Monier, and Y. Fregnac. Voltage-clamp measurement of visually-evoked
conductances with whole-cell patch recordings in primary visual cortex. J. Physiol. (Paris),
90:185–188, 1996.
21. L. J. Borg-Graham, C. Monier, and Y. Fregnac. Visual input evokes transient and strong
shunting inhibition in visual cortical neurons. Nature, 393:369–373, 1998.
22. M. N. Shadlen and W. T. Newsome. The variable discharge of cortical neurons: implications
for connectivity, computation, and information coding. J. Neurosci., 18:3870–3896, 1998.

30

Aaditya V. Rangan, Louis Tao, Gregor Kovačič, and David Cai
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